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Abstract

As a popular pavement preservation treatment, a slurry seal is typically included in agencies’ maintenance and rehabilitation
toolboxes, in decision trees of pavement management systems (PMS), or both. However, performance prediction models for
slurry seals are mostly anecdotal or at undertaken at project level. The goal of this paper is to illustrate a method of develop-
ing data-driven performance models for slurry seal applications for use at a network level. A total of 537,891 pavement con-
dition records were collected from [8 different agencies in the United States using the Metropolitan Transportation
Commission’s PMS program, StreetSaver®. Of these records, |,195 slurry seal projects met the requirements to be utilized
in the development of slurry seal performance models. The development of slurry seal performance models includes group-
ing project-level modeling results into functional classes, and testing and validating the slurry seal performance models with
test cases as well as on actual data produced by agencies. The performance models for slurry seals placed on an asphalt con-
crete pavement vary depending mainly on the existing pavement’s performance, the timing of the slurry seal application, the
functional class, and surface type. The data-driven slurry seal models improved the accuracy of predicting slurry seal perfor-
mance using PMS. The models could also be used to develop beneficial area curves, which are useful in estimating the cost-
effectiveness of slurry seals constructed at various pavement condition index values and in identifying the optimal timings for
slurry seal applications at a network level.
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A slurry seal is a popular pavement preservation treat- treatment, a slurry seal generally does not add structural
ment that consists of mixtures of polymer-modified or  capacity to the existing pavement, but it can extend the
conventional emulsified asphalt, graded aggregates, pavement service life and increase the pavement

water, and other additives such as mineral filler (7, 2).
Agencies around the world use slurry seal as a cost-
effective maintenance treatment for public roads, high- 'Department of Civil Engineering, California Pavement Preservation
ways, airport runways, parking lots, and a variety of  Centen California State Universicy, Chico, CA = ,

. Department of Civil Engineering, Texas A&M University, College Station,
other projects. Slurry seals are generally used to treat ™
minor surface defects, such as surface voids, weathering 3Metropolitan Transportation Commission, Bay Area Metro Center, San
and raveling, and minor cracks, and to improve friction Francisco, CA
and reduce water damage to the underlying pavement 4Department of Civil and Environmental Engineering, Florida International

. . University, Miami, FL
(3). A slurry seal can also be applied on top of a chip seal
layer to form a cape seal, which is popular in many local Corresponding Author:
agencies, especially on city streets (4). As a surface DingXin Cheng, dxcheng@csuchico.edu
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condition index (PCI) of treated pavement sections. PCI
is defined as a numerical rating of the pavement condi-
tion based on the type and severity of distresses observed
on the pavement surface. The PCI value of a pavement
condition is represented by a numerical index between 0
and 100, where 0 is the worst possible condition and 100
is the best (5). The development of slurry seal perfor-
mance models plays a key role in the reliability of a pave-
ment management system (PMS). For example,
performance models can be utilized to predict deteriora-
tion in the condition of pavements over time that have
been treated with slurry seals.

Current Study and Problems

The literature review covers national practices for slurry
seal performance modeling. Most agencies have not
developed network performance models for slurry seal
treatments based on real data. At project level, multiple
researchers have investigated the performance of slurry
seal treatment. Hajj et al. created slurry seal performance
models to evaluate the cost-effectiveness of slurry seal
applied to new and existing flexible pavement at 0, 1, 3,
5,7, and 9 years after construction. The goal of this study
was to obtain an optimum timing window for slurry seal
application (6). The collation of data is necessary for the
construction of slurry seal performance models. Ozer
et al. collected several years of performance data, then
evaluated the performance of preservation treatments
used. After treatments were applied, pavement condition
prediction models were developed for the treatments (7).
According to an evaluation of the cost-effectiveness and
optimal timing of pavement preventive-maintenance
treatments in wet—freeze climates, cost-effectiveness
depends on the time of application. The benefit cutoff
value predefines the performance of the application (8).
However, at the network level, not many models are
derived from real data and analysis.

Frequently, maintenance treatments are delayed
because of budget constraints and the lack of methods to
model and quantify the treatment impact on perfor-
mance and the consequences of delaying maintenance.
After treatment, there is an improvement in the pave-
ment condition and a reduction in the deterioration rate.
Performance models can incorporate these changes by
analyzing condition survey data before and after the
application of the treatment. The importance of model-
ing preventive maintenance and communicating the con-
sequences of not applying treatments at the right time
have been documented in previous studies by Chang
et al. (9).

The accuracy of performance models in predicting
posttreatment pavement condition and in quantifying
treatment effectiveness relies heavily on the quality and

quantity of pavement data. The reliability of perfor-
mance models can also be affected by the accuracy of
data sources, including pavement condition assessment
records and treatment history. Finding the optimal tim-
ing for a treatment is also difficult, given the lack of reli-
able records that document changes in pavement
condition or the potential life extension following a spec-
ified treatment. The main limitation in modeling mainte-
nance treatment effectiveness is in the quality and
quantity of available pavement performance data (/0);
most local agencies do not collect traffic loading, -speed,
or pavement structural information for their PMS, and
sometimes the data on maintenance and rehabilitation
(M&R) activities and inspections are inaccurate or even
missing.

Therefore, the lack of posttreatment performance
models for pavement preservation treatments is a major
obstacle. Chen et al. used pretreatment performance
models and other factors such as traffic and the environ-
ment to establish posttreatment performance models
(11). This paper presents a method based on historical
pavement condition inspection data to develop a
network-level slurry seal performance model using real
pavement survey data and treatment information.

Objective

The objective of this study was to create slurry seal per-
formance models capable of predicting the deterioration
of asphalt pavement treated with slurry seal over time.
There are many factors that can affect the performance
of slurry seal treatments, including existing pavement
structural strength, pavement condition, traffic loading,
environmental impact, and maintenance activities.
Although most of the current network-level performance
models for pavement preservation treatments are empiri-
cal, this research aimed to develop performance models
based on real pavement condition survey data and M&R
history.

Modeling Procedure

To develop reliable data-driven network-level slurry seal
performance models, the modeling process shown in
Figure 1 was developed and followed. The following
describes the key steps in this modeling process:

e Data collection was completed, totaling 537,891
records from 18 agencies across states such as
California, Oregon, and Washington. These west
coast local agencies are in dry no-freeze or wet
no-freeze climatic regions, as defined by FHWA
LTPP program (/2). The records included data on
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Figure |. Flow chart of slurry seal performance modeling
procedure.

all treatments undertaken by these agencies, but
only slurry seal data were used for this study.

e Data validation and filtering were carried out to
extract useful slurry seal records. Of 537,891
records, 32,056 records were found to be related
to slurry seals. The slurry seal projects selected for
this study had known dates for asphalt pavement
construction and slurry treatment. These slurry
seal projects needed to have undergone prior
inspection and had at least two inspections follow-
ing the slurry with no intervening maintenance
treatments. The data were further filtered owing
to poor surveying quality on some slurry seal proj-
ects. For example, a PCI should neither increase
over time without any records of M&R activities,
or drop more than 10 points a year for a normal
pavement section. After the filtering process, the
number of useful slurry seal records was reduced
to 5,619 for a total number of 1,195 of slurry seal
projects.

e Slurry seal data were classified into functional
classes and surface types as follows: residential/
local with asphalt concrete (AC) and AC over AC
(AC/AC); collector with AC and AC/AC; and
arterial with AC and AC/AC.

e Slurry seal performance models for individual
projects were developed. The models were created
with real data provided by agencies.

® Project-level modeling results were grouped into
functional classes and network-level performance
models were developed.

e Slurry seal performance models were tested and
validated with test cases as well as using actual
data produced by agencies.

Strategy to Model Individual Slurry Seal
Projects

Individual project data were extracted from the data set.
These data included the PCI inspection results of the
project and M&R history. For the modeling of each
selected slurry seal project, there needed to be at least
two validated inspection points. A project-level, best-fit
nonlinear performance model was then generated based
on real project data. As an example, as shown in Figure
2, a slurry seal project was constructed on a 10-year-old
AC pavement. The blue curve represents the predicted
project performance curve without the slurry seal main-
tenance. The orange squares represent PCI survey results
after the slurry seal construction. A nonlinear perfor-
mance model (orange curve) was developed for slurry
seal based on the PCI survey points after the slurry seal
construction.

The nonlinear model used to represent the project
performance curve in Metropolitan Transportation
Commission’s (MTC) PMS was based on Equation 1
(13). Chi (x) was added to the equation to modify the
slope or deterioration rate of the performance curve.

P (1)

(In (z%2))

PCIPRO =100 —

wl—

where
PClpro is projected PCI value as a function of age;
AGE is age of the pavement since last rehabilitation or
reconstruction; and

a, B, and p are regression constants for the pavement
family (with the same functional class and surface type)
in the appropriate climatic zone in MTC’s PMS
program.

Initial PCI Jump and Change of Deterioration Rate

Performance models for each slurry seal project were
developed using two new parameters: APCI and AChi.
APCI represents the initial PCI jump or PCI increase
right after a slurry seal treatment. As shown in Figure
3, APCI can be calculated as the PCI differences
between the PCI right after- and the PCI immediately
before slurry seal. Note that APCI is the calculated
PCI difference using the slurry seal performance curve
and the preexisting project performance curve at the
age of slurry seal construction. Because cracks and
other distress types will reflect through the slurry rela-
tively quickly, to see the true impact of the slurry on
performance, the slurry seal inspection generally
should be delayed until after at least the first subse-
quent weather climatic cycle. AChi is used to model the
change in deterioration rate or the slope of the
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Figure 2. Modeling of an individual slurry seal project.

90 \
70 Inspection Before
Maintenance 7

S . .
& 50 Project Performance Curve

PCI Survey Points

I Slurry Seal constructed at PCI of 80 l

Cut-Off Line

0 5 10 15 20 25 35 40
Age, years

AGEine | PCI_BM PCI_AM APCI Chi_BM Chi_ AM AChi

10 82 98 16 1.4 0.8 -0.6

Figure 3. Example on residential asphalt concrete over asphalt
concrete (AC/AC) curve.
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Figure 4. Summary of slurry seal project modeling results.

performance curve. A negative AChi means the dete-
rioration rate of the pavement is reduced.

An Example of Slurry Seal Project-Level Performance

This section illustrates the procedure to obtain the two
parameters APCI and AChi. Figure 3 shows an example
on a residential street AC with AC overlay (AC/AC) with
a Chi of 1.4 for the preexisting PCI performance curve.
The black square represents an inspection undertaken at
Year 8 after the overlay and before maintenance; its PCI
value was 85. Generally, nonlinear regressions were per-
formed on pavement performance data both before and
after the slurry seal. The best-fit curve, the blue line in
Figure 3, represents the pavement performance curve
before slurry seal, whereas the black line represents the
pavement performance curve after slurry seal. The APCI
and AChi can then be calculated from these two curves.
The PCI had an initial jump from 82 to 98 after the age
of maintenance (AGEMaint) at Year 10, represented by
the green line. The APCI, or jump, is obtained by sub-
tracting the PCI before maintenance (PCI_BM) from the
PCI after maintenance value (PCI_AM). In this case
98 — 82 obtaining a APCI of 16. The three inspections
after slurry seal maintenance had PClIs of 89, 85, and 82
as shown in the performance curve after maintenance
(the black line), which predicts slurry seal pavement dete-
rioration over time. The AChi is calculated by subtract-
ing the Chi before maintenance (Chi_BM) from the Chi
after maintenance (Chi_AM). In this case 0.8 —-1.4
obtaining a AChi of —0.6. The negative value of AChi
meant that the slope of deterioration was reduced. The
cutoff line (orange-colored) represents the end of the
pavement service life.

Network-Level Slurry Seal Model
Development

This section covers the process for combining the data of
individual projects slurry seal performance results to
achieve a network-level slurry seal data set.

Figure 4 Summarizes the PCI values after mainte-
nance and APCI results of individual projects for differ-
ent functional classes and surface types. Every point on
the network-level model indicates a project-level result.
The squares are the PCls after maintenance and the
round points represent the APCIs. This summary
includes the PCI after maintenance of every functional
class and every surface type that used slurry seal applica-
tions. The orange squares on the upper section of Figure
4 represent the PCI values after maintenance of the 265
projects utilized on residential AC. The orange points on
the lower section represent the 271 projects utilized for
the APCI on residential AC pavement. The green
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squares on the upper section represent the 57 projects
utilized for the PCI after maintenance on residential
AC/AC. The green points on the lower section represent
the 57 projects utilized for the APCI on residential
AC/AC. The blue squares on the upper section represent
the 63 projects utilized for the PCI after maintenance on
collector AC and AC/AC. The blue points on the lower
section represent the 63 projects utilized for the APCI on
collector AC and AC/AC. The red squares on the upper
section represent the 55 projects utilized for PCI after
maintenance on arterial AC and AC/AC. The red points
on the lower section represent the 55 projects utilized for
the APCI on arterial AC and AC/AC.

Figure 5 summarizes the AChi for the four functional
classes and surface types. Each point on the network rep-
resents a result from an individual project. The orange

points are the AChi for residential AC. The green points
are the percent AChi for residential AC/AC. The blue
points are the percent AChi for collector AC and AC/
AC. The red points are the percent AChi for arterial AC
and AC/AC.

The goal of this research was to develop network-level
performance models for each functional class, that is,
residential streets, collectors, and arterials. Therefore,
the project modeling results were grouped into three sep-
arate functional classes, and APCI and AChi models
were developed for each functional class.

For example, Figure 6 shows the APCI and PCI after
maintenance for slurry seal on residential AC and AC/
AC. The individual projects totaled 114. The blue circles
represent the PCI after maintenance and the green circles
represent the APCI. The red line represents the projected
PCI values after maintenance. The black line represents
the projected APCI performance curve for slurry seal on
residential AC and AC/AC. The root mean square error
of the line was calculated using Equation 2 (/4),

n A 2

n

RMSE = (2)

where

RMSE = root mean square error, defined as the stan-
dard deviation of the residuals;

($; _y;)* = square of the difference between estimated
and sample value; and

N = number of sample points.

Figure 7 shows the network model for the AChi for
slurry seal on residential streets. The percent AChi was
calculated by obtaining the difference between Chi after
maintenance and Chi before maintenance and dividing
the result by the Chi before maintenance. The x-axis rep-
resents the PCI before maintenance and the y-axis the
AChi in percent. At this stage, the two surface types of
AC and AC/AC were combined making a total of 145
individual projects represented by the blue circles. The
black line is the predicted AChi in percent with an
RMSE of 0.21.

Figure 8 compares the predicted APCI versus the PCI
before maintenance on slurry seal for all surface types.
Residential (the red curve) had the best performance with
the highest APCI; collector represented by the blue curve
was the next best performing; and lastly, the arterials
(black curve) performed poorly, as expected, especially
given the poor preexisting pavement conditions (ie., low
PCI before maintenance).

Figure 9 summarizes the predicted AChi versus PCI
before maintenance for the three funtional classes.
Overall, all AChi were negative, which means that slurry
seals slowed down the deterioration rate of the pavement
for all three functional classes. Residential, represented
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Figure 9. Percent in AChi for slurry seal summary.
Note: AChi is the change of deterioration rate or the slope of the
performance curve.

by the red curve, performed the best, demonstrating high
negative AChi values; collectors (blue curve) were next
best; and the arterials (black curve) again showed the
poorest performance of the three, as expected.

Testing and Validation of the Performance
Models

Data validation and model calibration were conducted
multiple times to improve the models for the residential,
collector, and arterial nonlinear regression curves. As
stated, the performance curves for slurry seals placed on
an AC pavement depend on the existing pavement’s per-
formance curve and the timing of the slurry seal applica-
tion. As illustrated in Figure 10, slurry seal performance
was highly dependent on the PCI value of the existing
pavement immediately before the slurry seal application.
In Figure 10, the red curve represents a slurry seal model
constructed at a PCI of 90; the green curve represents a
slurry seal model constructed at a PCI of 80; the blue
curve represents a slurry seal model constructed at a PCI
of 70; the purple curve represents a slurry seal model
constructed at a PCI of 45. The black line at PCI 25 rep-
resents the cutoff line, below which the pavement is con-
sidered to have failed. The purple curve’s initial PCI
jump, APCI, was higher than that of the green line.
However, the benefit of a slurry seal application, in rela-
tion to the improvement of PCI over time, is not only
dependent on the APCI, but on the change in the dete-
rioration rate and the timing of the application. The ben-
efit, or effectiveness, of a slurry seal can be represented
by the beneficial area (BA), which is the area bound by
the project performance curve, APCI, the slurry seal per-
formance curve, and the cutoff line.

An example of BA for the slurry seal constructed at a
PCI of 45 is shown by the shaded area in Figure 10.
Although the APCI for a slurry seal constructed at a PCI
of 45 was higher than that of a slurry seal constructed at
a PCI of 80, the BA at a PCI of 80 was much larger than
at a PCI of 45.

The BA for a slurry seal constructed at any PCI value
before maintenance can be calculated using APCI and
AChi and preexisting pavement performance curves. The
BAs on residential, collectors, and arterials were plotted
against before-maintenance PCI values, as shown in
Figure 11. The BAs of slurry seals constructed on resi-
dential, collectors, and arterials are represented by green-
, red-, and blue curves, respectively. By looking at the
trend of each curve, BA was higher for a slurry seal con-
structed on a section of pavement in good condition than
on a pavement section in excellent or poor condition.
This observed trend was consistent with common pave-
ment engineering knowledge, that slurry seal should not
be applied too early or too late.

Slurry seals generally have higher BAs on residential
streets than on collectors or arterials. It was found that
applying slurry seals at a PCI of 70 on residential streets
had a benefit factor approximately 1.6 times higher than
on collectors based on the data set in this study. This
could be a result, in part, of the lower traffic loading and
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-volumes on residential streets. Other valuable informa-
tion that can be derived from this graph is the optimal
time to place a slurry seal. Based on Figure 11, the opti-
mal times for applying slurry seals were at PCI_BM 75-
85, 73-83, and 71-81 for arterials, collectors, and residen-
tial, respectively.

Conclusions and Recommendations
Conclusions

The following conclusions can be drawn from this study:

e The slurry seal performance models were devel-
oped based on real pavement condition survey
data from MTC’s PMS databases. These slurry
seal models could improve the accuracy of predict-
ing slurry seal performance at the network level.

e Development of performance models for individ-
ual slurry seal projects was done using data
extracted from the real pavement condition survey
data set. During this process new parameters,
APCI (initial PCI jump) and AChi (change in
deterioration rate), were used for each of the indi-
vidual slurry seal project performance models.

e Data validation and calibration were conducted
to improve the reliability of the slurry perfor-
mance models and to improve the parameters.
The model-predicted results were consistent with
expert knowledge of slurry seals, specifically, they
should not be applied too early (high preexisting
PCI) or too late (low preexisting PCI).

e The slurry seal performance models were used to
develop BA curves, which are useful for estimating
the cost-effectiveness of slurry seals constructed at
various PCI values and for identifying the optimal
timings for slurry seal applications.

Recommendations

The following are the recommendations from this study:

e To develop a reliable network-level slurry seal per-
formance model, significant amounts of data are
needed. Agencies should improve the input accu-
racy of the pavement condition survey. Poor-qual-
ity data or contradictory survey information
should be filtered out.

e Agencies should improve the accuracy of the
inputs to M&R activities. They should also
closely monitor M&R activity performance.
With enough data, agencies could generate their
own network-level performance models for their
M&R treatments.

Acknowledgments

We are grateful to the Mineta Transportation Institute for sup-
porting for this study. We also extend our gratitude to
Metropolitan Transportation Commission for its support. We
also appreciate the assistance and work undertaken by Jasdeep
Bains and Aranjit Cheema of CP2 Center.

Author Contributions

The authors confirm contribution to the paper as follows: study
conception and design: D. Cheng, R. E. Smith, S. G. Tan, M.
Jaquiz, C. M. Chang; data collection: D. Cheng, R. E. Smith,
S. G. Tan, M. Jaquiz, C. M. Chang; analysis and interpretation
of results: D. Cheng, R. E. Smith, S. G. Tan, M. Jaquiz, C. M.
Chang; draft manuscript preparation: D. Cheng. All authors
reviewed the results and approved the final version of the
manuscript.



Transportation Research Record 00(0)

Declaration of Conflicting Interests

The authors declared no potential conflicts of interest with
respect to the research, authorship, and/or publication of this
article.

Funding

The authors received no financial support for the research,
authorship, and/or publication of this article.

ORCID iDs

DingXin Cheng
Roger E. Smith

https://orcid.org/0000-0002-4668-7843
https://orcid.org/0000-0002-2332-4177

References

1. ISSA. A105 Recommended Performance Guideline for
Emulsified Asphalt Slurry Seal. International Slurry Surfa-
cing Association, Glen Ellyn, IL, 2020.

2. ISSA. A115 — Recommended Performance Guideline for
Polymer-Modified Emulsified Asphalt Slurry Seal. Provi-
sional Version. International Slurry Surfacing Association,
Glen Ellyn, IL, 2020.

3. Lane, L., D. Cheng, and R. G. Hicks. Manual for Slurry
Surfacing. Mineta Transportation Institute, San Jose,
2019. https://transweb.sjsu.edu/research/1845B-Slurry-Sur-
facing-Manual. Accessed April 27, 2021.

4. Hicks, R. G., L. Lane, and D. Cheng. Manual for Cape
Seals. Mineta Transportation Institute, San Jose, 2019.
https://transweb.sjsu.edu/sites/default/files/1845C-Cheng-
Cape-Seal-Manual.pdf. Accessed July 15, 2021.

5. ASTM D6433. Standard Practice for Roads and Parking
Lots Pavement Condition Index Surveys. ASTM Interna-
tional, West Conshohocken, PA, 2020.

6. Hajj, E. Y., L. G. Loria, P. E. Sebaaly, and E. Cortez.
Effective Timing for Two Sequential Applications of

10.

11.

12.

13.

14.

Slurry Seal on Asphalt Pavement. Journal of Transporta-
tion Engineering, Vol. 139, No. 5, 2013, pp. 476-484.

Ozer, H., M. Ziyadi, and A. Faheem. Development of
Pavement Performance Prediction Models for Preservation
Treatments: Volume 2. 1llinois Center for Transportation,
2018.

Amarasiri, S., and B. Muhunthan. Evaluating Cost Effec-
tiveness and Optimal Timing of Pavement Preventive-
Maintenance Treatments in Wet-Freeze Climates. Journal
of Transportation Engineering, Part B: Pavements, Vol.
146, No. 3, 2020, p. 04020050.

Chang, C., S. Nazarian, M. Vavrova, M. Yapp, L. Pierce,
W. Robert, and R. Smith. Consequences of Delayed Main-
tenance of Highway Assets. National Cooperative Highway
Research Program, NCHRP Research Report 859. Trans-
portation Research Board, Washington D.C., 2017.
Chang, C. M., D. Saenz, and Z. Li. A Hybrid Modelling
Approach for Quantifying Maintenance and Rehabilita-
tion Treatment Effectiveness of Asphalt. Transportation
Research Record: Journal of the Transportation Research
Board, 2016. 2589: 68-77.

Chen, X., Q. Dong, X. Gu, and Q. Mao. Bayesian Analysis
of Pavement Maintenance Failure Probability with Mar-
kov Chain Monte Carlo Simulation. Journal of Transporta-
tion Engineering, Part B: Pavements, Vol. 145, No. 2, 2019,
p. 04019001.

FHWA. Long-Term Pavement Performance. https://high-
ways.dot.gov/research/long-term-infrastructure-perfor-
mance/ltpp/long-term-pavement-performance.  Accessed
October 8, 2021.

Chang, C., R. E. Smith, and R. Salas. Development of PCI
Family Curves for Climatic Zones. Technical Brief Note.
Metropolitan Transportation Commission, 2021.

Statistics How to. Statistics for the Rest of Us. https://
www.statisticshowto.com/probability-and-statistics/regress
ion-analysis/rmse-root-mean-square-error/. Accessed May
11,2021.


https://orcid.org/0000-0002-4668-7843
https://orcid.org/0000-0002-2332-4177
https://transweb.sjsu.edu/research/1845B-Slurry-Surfacing-Manual
https://transweb.sjsu.edu/research/1845B-Slurry-Surfacing-Manual
https://transweb.sjsu.edu/sites/default/files/1845C-Cheng-Cape-Seal-Manual.pdf
https://transweb.sjsu.edu/sites/default/files/1845C-Cheng-Cape-Seal-Manual.pdf
https://highways.dot.gov/research/long-term-infrastructure-performance/ltpp/long-term-pavement-performance
https://highways.dot.gov/research/long-term-infrastructure-performance/ltpp/long-term-pavement-performance
https://highways.dot.gov/research/long-term-infrastructure-performance/ltpp/long-term-pavement-performance
https://www.statisticshowto.com/probability-and-statistics/regression-analysis/rmse-root-mean-square-error/
https://www.statisticshowto.com/probability-and-statistics/regression-analysis/rmse-root-mean-square-error/
https://www.statisticshowto.com/probability-and-statistics/regression-analysis/rmse-root-mean-square-error/

